CAac dang todn on thi vao lép 10
Dang I: RUT GON BIEU THUC

Co chira can thire bac hai

I/ Biéu thirc sé hoc

Phu’o'ng phap:

Dung cac Phuong phap bién (101 can thirc(dua ra ; dua vao; ;khi; truc; cong,trir can
thirc dong dang; rat gon phén sd...) dé rat gon bleu thirc.

Bai tdp: Thuc hién phép tinh:

1) 2/5—/125-+/80 + /605 ;
10+2J_ 8

DBz 1B
) is a0+ (31246 12) s 0s 2 5a i+ 235 ;
Y fs_vas Joeics’ 13) (5+2v6 ){49% 206 )5 26 ;
5) JZ_I \/2+I 14) Ne 41 ;
2+4/3 Br243 2-2-
6+4v2  6-42 .
)25 3355 N e or 4l Eoads
7) 227 -6 %+§Jﬁ; 16 (J§+2)2—8J§_
g B 345) AR
10 ++2 )J§+1+J§—2+J§—3’
9) \8y3 ~2\25v12 +4N62 ; 19) (v2+1)' ~(v2-1)
10) V23 (v5 +2); o) B, B
11) \/3—\/§+\/3+\/§; 1-\/3+1 1+\/\/§+1.

1/ Biéu thirc dai sd:
Phwong phap:
— Phan tich da thirc t&r va mau thanh nhan tir;
~ Tim PKXD (Néu bai toan chua cho PKXD)
~ Rt gon timg phén thire(néu duogc)
- Thuyec hién cac phep bién d6i dong nhat nhu:
+ Quy dong(d01 v&i phép cong trir) ; nhan ,chia.
+ B6 ngoic: bang cach nhan don ; da thirc hodc dung hing dang thirc
+ Thu gon: cong, trir cac hang tir dong dang.
+ Phan tich thanh nhan t&r — rat gon
ChGy: - Trong mdi bai toan riit gon thuong co cac cau thudc cac loai todn: Tinh gia
trj biéu thirc; giai Phuong trinh; bat Phuong trinh; tim gia tri cia bién dé biéu thirc co
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CAac dang todn on thi vao lép 10
gia tri nguyén; tim gia tri nho nhat ,16n nhat...Do vy ta phai 4p dung cac Phuong
phép giai tuong tng, thich hgp cho tung loai bai.

. 2 , 1 1 Ja+1
vi du: Cho biéu thuac: P = + :
(a—\/a \/a—J a—-2Ja+1

a/ Rat gon P. o
b/ Tim gia tr1 cua a dé biéu thirc P ¢6 gia tri nguyén.
Giai: a/ Rut gon P:

- Phan tich: P {

1,1 ~Ja+1
Ja(a-1) Ja-1] (Va-1)?
a>o;

Ja-120ca=l
1+Ja (Ja-1)?
Ja(Wa-1) Ja+1
- Rat gon: Pz\/a_l.
Ja
b/ Tim gié tri cua a dé€ P c6 gia tri nguyén:
- Chia ttr cho mau ta dugc: P :1—i :

Ja

- Ly luan: P nguyén< =l nguyén.&Wa laudc cua 1 la+1.=+a z{

Ja

Vay v6i a =1 thi biéu thirc P ¢& gia tri nguyén.

Bai tap:

B8 1 Cho bibu th Az Ix 1 [ x=vx x+4x
al 1: 0 bieu thuc 2 2\/; \/;_'_1 \/;_1
a) Rut gon biéu thue A
b) Tim gia tri cya>de A > - 6.

Bai 2: Cho bicu thic

BZEXJ_;H2_2&+&1+2j:(&—2+%j

a) Rut gon biéu thuc B;
b) Tim gia tri ciia x d¢ A > 0.

- DPKXD: ‘

- Quy dong: P=

—1(ktm)
lsa=1

1 3 1

N ¥4 . C= — +
Bal 3: Cho biéu thtrc \/;_1 X\/;Jrl X—\/;+l

a) Rut gon biéu thuc C;
b) Timgidtriciaxde C<1.
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CAac dang todn on thi vao lép 10

x+2+\/x2—4+x+2— x> —4
X+2-X*—4 X+2+x* -4

Bai4: Rutgonbiéuthac: D=

_ -3 -2 X 2x -2

T SERY - P= Q=
Bai5: Cho cac biéu thurec: \/;_2 va \/;_,_2

a) Rt gon bicu thirc P va Q;
b) Tim gié tri ciia x dé P = Q.

3 L o 2XH2 xyx -1 xyx+1
Bai 6: Cho biéu thuc: J— Y \/— X+»\/_

a) Rut gon biéu thirc P

b) So sanh P voi 5.

C) V6i moi gia tri cua x l1am P ¢6 nghia, chirng minh biéa thirc % chi nhan diang mot

gia tri nguyén.

Bai 7: Cho biéu thuc:

+ + ;
X+ x—1 x+2) x-1

a) Tim diéu kién dé P c6 nghia, rat gofbiéu thirc P;

P_Lsxw&—s 1 1 J 1

\ . A ‘n 21 ;. & ‘A
b) Tim cac so tu nhién x dé 5 13,50 tirnhién;

¢) Tinh gié tri cua P v&i x =4213.
b JX +2 Jx +3 \/_+2 5_ Jx
X—5JX+6 2-x +x-3

Bai 8: Cho biéu thic :

a) Rut gon biéu tifac P;

1 5
. 2 <=
Tim x dé D 5

Bai 9: Cho biéu thirc :

1-ava 1+ava
b= (1\/_ \/_]{u\/_ \/EJ

a) Rut gon P
b) Tim a dé P<7-4./3
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? Cac dang todan on thi vao lop 10
Bai 10: Cho biéu thtc:
Pz[ 2Vx__x _3x+3)_(2\/§—2_1]
Jx+3 Jx-3 x-9 ) Jx-3
a) RutgonP
b) Tim x dé P<%

c) Tim gia tri nho nhét cia P

Bai 11: Cho biéu thirc :
P:(x—&&_lj_( 9-x  x-3 &—2}

X—9 Ix+vx—6 2-vx Jx+3
a) Rut gon P q
b) Tim gia tri cua x dé P<1

Bai 12: Cho biéu thic :

p-15Vx-11 3J/x-2 2Vx+3
Xx+2Jx -3 1-+x Jx+3
a) Rut gon P

b) Tim céc gia tri ca x dé P:%

c) Chirng minh P< %

Bai 13: Cho biéu thirc:
P= 2x + Jx — ud
x+m o Jx—m\ 4x-4m’
a) Rut gon P
b) Tinh x theo m dé P(=0.
C) Xac dinh cac gia‘ts cia m dé x tim dugc & cAu b thoa mén diéu kién x >1

voli m> 0

Bai 14: Cho bicu thirc :
_a’+Ja 2a++a
P= — +1
a—+a+1 Ja
a) Rut gon P
b) TimadeP=2
c) Tim gia tri nho nhat cua P ?

Bai 15: Cho biéu thirc
- \/5+1+\/%+\/5_1_ \/5+1_\/£+\/5+1
Jab+1 Jab-1 Jab+1 Jab-1
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a) Rut gon P

V3-1
1+/3
¢) Tim gié tri nho nhét ctia P néu Ja++vb =4

b) Tinh gia tri cha Pnéua=2-+3 vab =

Bai 16: Cho biéu thuc :

Pzax/a—l_a\/5+1+(\/g_ij \/5+1+\/5—1
a—Ja a++a JalJa-1 Ja+1
a) Rut gon P

b) Vi gia trinao ciaathi P=7
C) Vi gia trinao ciaathi P>6

Bai 17: Cho bicu thirc:
- (ﬁ_ 1 ﬂﬁ—l_@ﬂ}
2 2Ja)(Ja+1 Ja-1
a) Rut gon P 7
b) Tim céc gid tri cnaa dé P <0
c) Tim cac giatriciaadé P =-2

Bai 18: Cho biéu thuc:
o (Ja—vbJ +4Vab avbh -bAd
Ja+vb 0 Jab
a) Tim diéu kién dé P c6 ngha.
b) Rut gon P
¢) Tinh gia tri cia P khi'a=2+/3 va b =+/3

Bai 19: Cho biéu thire.
Pz( x+2 Jx ! J:\/}—l
XX -1 x+/x+1 1-+x 2
a) RatgonP
b) Ching minhrangP>0 VX #1

Bai 20: Cho biéu thic :
P:(2&+x_ 1 )_(1_ \/?+2j
x\/§—1 \/;—1' X+vVXx+1
a) Ratgon P
b) Tinh VP khi x =5+24/3

Cac dang todan on thi vao lop 10
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Bai 21: Cho biéu thic:
3X
1 ) 2 1

=1: + — :
24X 4—x 4—2Jx | 4-2Jx

a) Ruat gon P 7
b) Tim gia tri cua x dé P =20

P

Bai 22: Cho biéu thc :

R AR L
Ix=Jy  y-x Ix+.Jy
a) Rat gon P

b) Ching minh P >0

Bai 23: Cho biéu thic :

3J/ab 3/ab

Cac dang todan on thi vao lop 10

_ 1 1 . a-b
P_{\/EM/B+a\/5+b\/5}|:[\/5—x/5_a«/5—b\/5]'a+\/%+b}

a) Rut gon P
b) Tinh P khia=16vab=4

Bai 24: Cho biéu thic:
P=1. 2a+\/5—1_2a\/5—\/5+a a—\/a
1-a i-ava [2Ja-1

a) Rut gon P

b) Chop =6

1+6
¢) Chiéng minh rang P >§

tim gia tri cua a

Bai 25: Cho biéu thuc:
P:(x—sﬁ_lj_[ 25-x _\/§+3+\/§—5j
X — 25 (x+2/x-15 Jx+5 +/x-3
a) Rat gon P
b) Vi gia tri naociax thi P<1

Bai 26: Cho biéu thic:
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Cac dang todan on thi vao lop 10
pf 3a 3. 1 ) (a-DlJa-b)
a++ab+b aJa-bvb a-+b) 2a+2Jab+2b

a) Ratgon P 7
b) Tim nhiing gia tri nguyén cia a dé¢ P c6 gia tri nguyén

Bai 27: Cho biéu thic:

Pz[ 1 _LJ_ Ja+l Ja+2
Ja-1 Ja)|Ja-2 Ja-1

a) Rat gon P

b) Tim gia tri cua a dé P >%

Bai 28: Cho biéu thuc:
P:Hi+i].L+l+l}:\/Fer\/;JrX‘NJF‘/F
Iy [x+Jy ox oy NEN
a) Rut gon P

b) Cho x.y=16. Xéc dinh x,y dé P c6 gié tri nhé nhét

Bai 29: Cho biéu thic :

p= Ix B 2X )
Ixy =2y x++/x—2\xy — 25y 1-/x
a) Rut gon P

b) Tim tat ca céc s nguyén dyongdx.dé y=625 va P<0,2
Bai 30: Cho biéu thuc:
le_( X+2 X+ \/;+l]

X1 XX 41 x-1
a) Rut gon P
b) So sanh P véi 3
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Cac dang todan on thi vao lop 10
Dang II: ‘
PO THI

VA TUONG QUAN GIUA CHUNG

I/ Piém thudc dwong — duong di qua diém.
Diém A(xa; Ya) thudc dd thi ham sdy= f(x) = Ya=f(Xa).
V6 du 1: Tim hé s a ciia ham s6: y = ax® biét dd thi ham sé cua n6 di qua diém A(2;4)
Giai:
Do d6 thi ham sb di qua diém A(2;4) nén: 4 =a2’ = a=1
V§é du 2: Trong mit phang toa dd cho A(-2;2) va duong thang (d) c6 Phuong trinh:

= -2(x + 1). Puong thang (d) c6 di qua A khong?
Giai:
Ta thay -2.(-2 + 1) =2 nén diém A thudc v a0 duong thang (d)
I1.Cach tim giao diém ciia hai dwong v = f(x) va vy = g(x).
Budc 1: Hoanh d¢ giao diém 1a nghiém ctia Phuong trinh f(x) ='g(X)  (*)
Budc 2: Liy nghiém d6 thay vao 1 trong hai cong thirc y = £(x)Hodc y = g(x) dé Tim tung
d6 giao diém.
Chy y: 86 nghiém ciia Phwong trinh (*) la sé giao diétm-¢ua hai dwong trén.
I11.Quan hé giira hai dwong thing.

Xét hai dlIO’l’lg théﬂg (d]_) y=aXx+ bl. va (dz) Cy=axx+ b2.

a) (d,) cat (d,) & a # &

= d-
D) d) 1/ (@) = {5 o

= a,
c) di) =(dy) & {b _ bi

d) (dy) L (d2) = a.a,=-2

IV.Tim diéu kién dé 3 dwomg thing dong qui.
Budc 1: Giai hé Phuongdfinh gom hai duong thang khong chira tham sé dé Tim (X;y).
Budc 2: Thay (x;y) wafasTim duoc vao Phuong trinh con lai dé Tim ra tham sé .
V.Quan hé giira (d): y = ax + b va (P): v = a X* (a #0).

1.Tim toa dj giao diém ciia (d) va (P).
Budc 1: Tim hoanh do giao diém 1a nghiém ctia Phuong trinh:

ax’=ax+b (#) < ax>ax-b =0

Budc 2: Lay nghiém d6 thay vao 1 trong hai cung thirc y = ax +b hodc y = ax® dé Tim
tung d6 giao diém.
Chy y: Sé nghiém ciia Phwong trinh (#) la sé giao diém ciia (d) va (P).

2.Tim diéu kién dé (d) va (P) cift;tié'p xuc; khong cit nhau:
Tu Phuong trinh (#) ta c0: ax’ —ax-b=0=A=(-a)*+4a'b
a) (d) va (P) cit nhau < Phuong trinh (#) ct hai nghiém phdn biét < A >0
b) (d) va (P) tiép xyc voi nhau < Phuong trinh (#) ¢t nghiém kop <> A=0
¢) (d) va (P) khung giao nhau < Phuong trinh (#) vu nghiém < A <0
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Cac dang todan on thi vao lop 10

VI1.Viét Phuwong trlnh duong thing y=ax+b:
1.Biét quan hé vé hé so 9oc(//hay vudng géc) va di qua diém A(xo,yo)

Budce 1: Dua vao quan hé song song hay vudng goc dé Tim hé sb a.
Budc 2: Thay a vira Tim dugc va xo;Yo vao cung thirc y = ax + b dé Tim b.

2.Biét do thi ham so di qua diém A(xy}y1) Va B(X2;Y»).
Do db thi ham sb di qua diém A(x1;y1) va B(X2;Y>) nén ta c6 hé Phuong trinh:
{axl + b=y,

ax, + b=y,

Giai hé Phuong trinh Tim a,b.
3.Biét dé thi ham so di qua diém A(xo;Yo) v tiép xyc véi (P): y = a X*
+) Do duong thang di qua diém A(xo;Yo) nén c6 Phuong trinh :
Yo=aXo+Db
+) Do d6 thi ham s y = ax + b tiép xyc voi (P): y=a x* non:
Pt: ax® = ax + b ct nghiém kop<=A = 0
+) Giai hé {10 =FD g Timapb.

VI1.Chirng minh dwong thing luén di qua 4 diém'cd dinh ( gia stir tham s & m).
+) Gia sir A(Xo;Yo) 1a diém cb dinh ma duong(thang ludn di qua véi moi m, thay xo;Yo Va0
Phuong trinh duong thang chuyén vé Phudhg’trinh an m hé s6 xoyo nghiém ding véi moi
m.
+) Pong nhat hé s6 ciia Phuong trinhttail voi 0 giai hé Tim ra Xo;Yo.
VI11.Tim khoéng cich giira hai diém bat ky A; B
Goi x1; X, 1an luot 12 hoanh d6 dugvA va B; y1,Y2 lan luot 1a tung do cia A va B
y

¥ B

Yy

Khi @6 khoang cach AB dugc tinh bdi dinh 1y Pi Ta Go trong tam giac vuéng ABC:
=VAC? +BC” =/, = %) +(y, = ,)°

IX. Mot s0 ng dung ciia dd thi ham sd:

1.Ung dung vao Phuong trinh,

2.Ung dung vao bai todn cuec tri.
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Cac dang todan on thi vao lop 10
Bai tap vé ham so.

Bai 1. cho parabol (p): y = 2%

1. tim gia tri cua a,b sao cho duong thang y = ax+b tiép xuc véi (p) va di qua A(0;-2).
2. tim Phuong trinh duong thang tiép xtic voi (p) tai B(1;2).

3. Tim giao diém cta (p) voi dudng thang y = 2m +1.

Bai 2: Cho (P) y - %xz va duong thing (d): y = ax +b .

1. Xéc dinh a va b dé duong thang (d) di qua diém A(-1;0) va tiép xuc véi (P).
2. Tim toa d0 ti€p diém.

Bai 3: Cho (P) y = x* va duong thang (d) y =2x + m
1. V€ (P)

2. Tim m dé (P) tlep xuc (d)

3. Tim toa d¢ tiép diém.

2
Bai 4: Cho (P) y:—XI va(d):y=x+m

1. Vé (P)

2. Xac dinh m dé (P) va (d) cat nhau tai hai diém-phan biét A va B

3. Xac dinh Phuong trinh dudng thang (d') song’song véi duong thang (d) va cat (P) tai
diém c6 tung do bang -4

4. Xac dinh Phuong trinh duong thang (") wudng goc voéi (d') va di qua giao diém cia (d")
va (P)

Bai 5: Cho ham s (P): y = x* va ham s6(d): y=x +m

1. Tim m sao cho (P) va (d) €4t nhau tai hai diém phan biét A va B

2. Xac dinh Phuong trinhdudng thang (d') vudng goc véi (d) va tiép xuc véi (P)
3. Tim m sao cho khoahg each giita hai diém A va B bang 3.2

Bai 6: Cho diém A(-2;2) va dudng thang (d,) y = -2(x+1)
1. Piém A c6 thudc (d,) khdng ? Vi sao ?
2. Tim a dé ham s6 (P): y=ax? di qua A
3. Xéc dinh Phuong trinh duong thang (d,) di qua A va vudng goc voi (d,)
4. Goi A va B 1a giao diém cua (P) va (d,) ; C la giao diém cua (d,) véi truc tung . Tim
toa do cuia B va C . Tinh chu vi tam giac ABC?

Bai 7: Cho (P) y= %xz va duong thang (d) di qua hai diém A va B trén (P) c6 hoanh d6 lan

luot la
-2va4
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) ‘ ’ Cac dang todan on thi vao lop 10
1.Khao sat sy bién thién va v& d6 thi (P) cua ham s6 trén
2.Viét Phuong trinh duong thang (d)
3.Tim diém M trén cung AB ctia (P) tuong tmg hoanh d§ x e [-2;4] sao cho tam giac MAB
c6 dién tich 16n nhét.
(Goi y: cung AB cua (P) twong ttng hoanh do x € [-2;4] ¢6 nghia la A(-2;y,) va B(4;y,)=
tinh y,:ys;Suas ¢ dién tich Iom nhiteM la tiép diém ciia duwong thing (dyvoi
(P)va(dy)//(d).

Bai 8: Cho (P): y= _XT: va diém M (1;-2)
1. Viét Phuong trinh dudng thang (d) di qua M va c6 hé sb goc 1a m
HD: Phuong trinh c6 dang:y=ax+bmaa =m. thay x =1;y = -2 tinh b = - m-2. vdy
PT: y=mx-m-2.
2. Chtng minh: (d) ludn cét (P) tai hai diém phan biét A va B khi t thay d6i
3. Goi x,:x, lan luot 12 hoanh d6 ctia A va B .Xac dinh m dé x%x) + x,x? dat gid tri nho nhat
va tinh gid tri do?

Bai 9: Cho ham s6 (P): y = x?

1. V& (P) 7 / ’

2. WG(.)i A,B 1a hai di€m thudc (P) c6 hoanh @0 lan luot 1a -1 va 2. Viét ph. trinh dudng
thang AB v ,

3. Viét Phuong trinh duong thang (d)seng song vo1 AB va tiép xuc vai (P)

Bai_10: Trong hé toa d6 xOy‘¢ho)Parabol (P) y= —%xz va duong thang (d):
y=mx-2m-1

1. Vé (P)

2. Tim m sao cho (P) va'(d) tiép xtic nhau. Tim toa do tiép diém

3. Chumng to rang (d)4udn di qua mot diém cd dinh

Bai 11: Cho (P): y= -%xz va diém 1(0;-2). Goi (d) 1a duong thang qua I va c6 hé s6 goc
m. \ 7 2

1. Ching minh rang (d) luédn cat (P) tai hai diém phan bi¢t A va B voi vmeR

2.Tim gia tri cia m dé doan AB ngan nhat

2 U 2 e
Bai 12: Cho (P): y =~ va dudng thing (d) di qua diém 1(%;1) ¢6 hé s6 goc la m

1. V& (P) va viét Phuong trinh (d)
2. Tim m sao cho (d) tiép xuc (P)
3. Tim m sao cho (d) va (P) c6 hai di€ém chung phan biét

2 2
Bai 13: Cho (P): y = XT va dudng thing (d): y = -§+ 2

Thay Phuc - Giéi thiéu day kém - Phone/Zalo: 0966.033.599



Cac dang todan on thi vao lop 10
1. V& (P) va (d)
2. Tim toa d6 giao diém cua (P) va (d)
3. Tim toa d6 cta diém thudc (P) sao cho tai d6 duong tiép tuyén cua (P) song song voi (d)

Bai 14: Cho (P): y=x°

1.Goi A va B 1a hai diém thudc (P) c6 hoanh d6 lan luot 13 -1 va 2 . Viét ph. trinh duong
thang AB

2.Viét Phuong trinh dudng thang (d) song song véi AB va tiép xuc véi (P)

Bai 14: Cho (P): y =2x

1.Vé (P)

2.Trén (P) liy diém A c6 hoanh d6 x = 1 va diém B c6 hoanh d6 x = 2 . Xac dinh cac gia
tri cia m va n dé duong thang (d): y = mx + n tiép xuc véi (P) va song song voi AB

(d)):x+y=m
(d,):mx+y=1

Bai 15: Xac dinh gia trj cia m dé hai duong thang c6 Phuong_trinh cit

nhau tai mot diém trén (P) y = —2x°.
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Cac dang todan on thi vao lop 10
Dang I1I:
Phuong trinh va H¢ Phuong trinh

A/ Phuwong trinh bac nl}a?'lt mot an — gial va bién lun:
+ Phuong trinh bac nhat mét an c¢6 dang ax+b =0(a = 0)
+ Giai va bién luan:
~ Néu a=0;b=0 thi Phuong trinh v6 s nghiém.
~ Néu a=0;b=0 thi Phuong trinh v6 nghiém.

~ Néu a=0 thi Phuong trinh c6 mot nghiém duy nhat x = —g

vi du: Giai va bién luan Phuong trinh sau: Aam?(x—1) = x—4m+1
Giai: 4m*(x—1) = x—4m+1< 4m?x—4m? —x = -4m+1< (4m? —D)x =4m* —4m+1
< (2m+1)(2m-1).x = (2m -1)°

Bién luan: + Néu m # J_r% thi Phuong trinh c6 mot nghiém: x = ;m _i
m+

+Néu m :% thi Phuong trinh c6 dang: 0.x = 0 4180Phuong trinh vo s6 nghiém.

+Néu m= —% thi Phuong trinh c6 dangx O 2.(—%) # 0nén Phuong trinh vo

nghiém.

Bai tdp: Giai va bién luan cac Phuong trinh sau:
Bai 1. m(x-1) m+x 5

- 2 3

Bai 2. X;alz + Z;i + I+§2a = 0(a=2+1) HD: Quy dong- thu gon- dua vé dang ax + b =0

Bai 3. a+b—x+a+c—x+b+c—x:1_ 4x (@bici%0:atbtc0).
¢ b a a+b+c
HD:
atb—x e . " a+b—x+1+a+c—x+1+b+c—x+1:3+1__
+1+ +1+ +1=4-— c b a
¢ b a a+b+c

@(a+b+C_X)_a+b+c_4(a+b+c—x) 0
a+b+c abc a+b+c
(a+b+c)* —4abc o
abc(a+b+c)

c>(a+b+c—x)(l+l+1}:4(a+b+c—x)
c b a

a+b+c_ 4
abc a+b+c

c>(a+b+c—x)[ J:O<:>(a+b+c—x)[

Néu [.]#0=(a+b+c—-x)=0< x=a+b+c
Néu [.]=0 thi Phuong trinh v6 s nghiém.
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Cac dang todan on thi vao lop 10
b. hé Phuong trinh bic nhat cé hai an so:
ax+b=0

+ Dang téng quat: { . .
ax+b =0
+ Cach giai:
— Phuong phap thé.
— Phuong phap cong dai sb.
+ S6 nghiém so:
~ Néua=a Thihé Phuong trinh c6 mot nghiém .
-~ Néua=a';b=b";c=c Thi hé Phuong trinh c6 v nghiém .
-~ Néua=a';b=b";c=c Thi hé Phuong trinh c6 vo sd nghiém.
+ T4p nghiém ctia mdi Phuong trinh biéu dién trénmit phang toadd 1a do thi ham sd dang:
y=ax+b

Vidu: Gidi cac HPT sau:

L. 2X—y =3
Bail: {X y
3X+y=7
Giai:
2 2x—y=3 =2x-3 =2x-3 =2 =2
+ Ding PP thé; { y @{y § @{y y @{X @{X
X+y=7 3X+2X—-3=% 5x =10 y=22-3 y=1
: =2
Vagy HPT da cho c6.nighiém la: {X ~
2Xx—y=3 5x\=10 =2 =2
+ Dung PP cong: { =y <:>{ Q @{X <:>{X
X+y=7 3XHy=7 32+y=7 y=1
~ /4 A hY X=2
Vaoy HPT da cho c¢6 nghiém la: { ~
.. 2X+3y=-2 2 .. ) . . , N N .
Bai2: {SX 2y=6 B¢ giai loai HPT nay ta thuong stir dung PP ¢cOng cho thuan loi.
—+ =
2X+3y=-2 10x+15y =-10 11y =-22 y=-2 X=2
& & =S &
5X+2y=6 10x+4y =12 5X+2y=6 5x+2.(-2=06) y=-2

Vaoy HPT c6 nghiém la {X =2

2 3
—1+—=—1
.- X+
Bal 3: y
- 2 5
—t—=-1
X+1 vy
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*Doi voi HPT o dang nay ta co thé sur dung hai cach giai sau day:

+ Cach 1: Str dung PP cong. PK: x=-1,y=0.
2 3 2
m-F—_—l —=2 {y:l {y:l { _ { __3
y y X+1l=—= X=——
<1 2 5 <=3 2 g 2= 2
2 5 2 5 LI
—to=-1 —+—=1 [(x+1 1 X+1 y=1 y=1
X+1 vy X+1 vy
x=_23
Vagy HPT c6 nghiémla {" 2
y=1
+ Céach 2: Sir dung PP dit an phu. PK: x=-1y=0.
Déti=a; i=b. HPT da cho tro thanh:
X+1 y

1
- == 3
2a+3b=-1 2a+5b=1 2a+5.1=1 a=-2 =_=

i o ot 2= N =773 (TMbK)
2a+5b=1 2b=2 b=1 b=1 E:l

3
Vaoy HPT c6 nghiém la {X T2
y=1
Luu ¥ - Nhiéu em con thiéu DK cho fihithg HPT & dang nay.
~ (6 thé thtr lai nghiém cua HPR W4 giai.

Bai tip vé hé Phuong trinh:

Bai 1: Giai cac hé phwong trinh sau (bdng pp thé)

11 a){x—y=3 b){7x—3y=5
3X—4y=2 A4Xx+y=2
1.2. a) x-2J2y=5
X 2+y:\/§
Bai 2: Giai cac hé phwong trinh sau (bing pp céng dai so)
3x—-2y =10
3X+y=3 4x+3y=6
2.1, a){2 = b){ y ){ s 1
X—y=7 2X+y=4 X——y=3=
3 3
2.2. a) x\/§—3y:1 b) 5x\/§+y:2\/§
2x+y\/_:—2 xJE—yJE=2
Bai 3:

Thay Phuc - Giéi thiéu day kém - Phone/Zalo: 0966.033.599



Cac dang todan on thi vao lop 10

.. A N X+ 3 = 1 r N
Giai hé phuong trinh < d trong moi truong hop sau
(m“+1)x+6y=2m

aym=-1 bym=0 com=1

N . . s 2 =4 :
Bai 4 a) Xac dinh hé s6 a va b, biét ring hé phuong trinh {b“by_ c6 nghiém 1a (L; -2)

b) Ciing hoi nhu vay néu hé phuong trinh cé nghiém 1a («/5 ~12 )

Bai 5: Giai hé phuong trinh sau: {2X+ y=2
X+3y=-1
2_m+L:\/§
a) Tur do6 suy ra nghiém cua hé phuong trinh mr;:l n:;]l
SR LI |
m+1 n+l1
N R \ 2x—ay="h
Bai 6: Cho hé Phuong trlnh{
ax+by=1
a) Giaihé¢ khia=3;b=-2
b) Tim a;b dé hé c6 nghiém 1a (x;y) = (~V2;4/3)
Bai 7: Giai cac hé Phuong trinh sau: (pp dat an phmw
1 2
L =2
- VX -4,y %8 3Wx—-2-4,]y-2=3
7.0) XY XY 7.2) - 73) 13VX-2-4y (dk
5 4 _, x4 y’=2 2Jx-2+Jy-2=1
X+y X-y
X;y>2)
7.4 3x—J§y:3—2J§; 75) {(x+1)+2(y—2)=5; 76)
J2x+3y=6+2 3(x+1)-(y-2)=1
{(x+5)(y—2):(x+2)(y—1)
(x=4)(y+7) =(x=3)(y+4)
7.7) X-D(y-2)+(x+)(y-3)=4 7.8) 3(x+Yy)+5(x—y)=12
' (x=3)(y+1)—-(x-3)(y-5)=1 "’ ' “5(x+y)+2(x-y)=11 "'
1 1 4 1 2 1 5 5
'y 7s Xoy xy 23y iy 8
791 ¥ 2. 7.10) XY XY © 7.11) Yooy :
111 I S 8 5 _38
X y 5 X+y X-Vy 2Xx—-3y 3x+y 8
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c.Phwong trinh béac hai - hé thirc vi - ét

1.Céch gisi Phuong trinh bac hai: ax’® +bx+c =0(a=| 4= b* —4ac

* Néu A >0 Phuong trinh c¢6 hai nghiém phén biét:

_-b-~A | _ b+ <A
X1 = , X2 =
2a 2a
*Néu A =0 Phuong trinh c6 nghiém kép: x; = X, = %

*Néu A <0 thi Phuong trinh v6 nghi¢ém: ‘
Chua y: Trong truong hop hé so b 1a s6 chan thi giai Phuong trinh trén bang cong thirc
nghiém thu gon:

L 2
0 —ac

* Néu A' > 0 Phuong trinh c6 hai nghiém phén biét
N R NN
s T T,

*Néu A' =0 Phuong trinh c6 nghiém képXo )= X, = %

*Néu A '<0 thi Phuong trinh vo nghiém,

2.Pinh Iy Vi ét: Néu x; , X, la nghiém'cua Phuong trinh ax’* + bx + ¢ =0 (a = 0) th

b
{ S=X1+X2='—
a

C

=X X, = —

p X2 =~

Dao lai: Néu cii hai s6.x1,X, Ma Xy + X, =S VA XX, =p thi hai s6 d6 1a nghiém (néu c6 )
ctia Phuong trinh bac 2: X*—Sx+p=0

3._Toan rng dung dinh ly Viét

|. Tinh nham nghiém.

Xét Phuong trinh bac hai: ax®+bx +c=0 (a = 0)

e Néua+b+c=0 thi Phuong trinh c¢6 hai nghiém x; =1, X, =

c
a
e Néua—b+c =0 thi Phuong trinh ¢ hai nghiém x; = -1, X, = - %

e Néu Xy + Xo =M +n, X1X, = mMn va A >0 thi Phuong trinh ¢6 nghiém x; =m, X, =n
(hodc x; =n, X, =m)
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1. LAP PHUONG TRINH BAC HAI
1. Ldp Phwong trinh bdc hai khi biét hai nghiém x;x,
V6 du : Cho x, =3; x, =2 1ap mot Phuong trinh bac hai chira hai nghiém tron

S=x+X=5

Theo hé thitc VI-AT ta ct { vay XX, la nghiém ctia Phuong trinh ¢t dang:

P=xX,=6
X*—SX+P=0< x*-5x+6=0
Bai tip ap dung:
1. X1=8 va X, =-3
2. X1 = 3a va X,=a
3. X1 =36 va X, =-104
4. X;=1+2 va  xp=1-2
2. Lap Phwong trinh bdc hai cti hai nghiém thod mén biéu thivcChiva hai nghiém ciia
m@t Phwong trinh cho truéc:
V & du: Cho Phuong trinh : x*-3x+2=0 ct 2 nghiém phombi¢t x;x,. Khong giai Phuong

trinh tron, hoy 14p Phuong trinh bac 2 ¢t an 1a y thoa mén © vy, = x, +% va y, =X +Xi
2

Theo h ¢ th (rc VI- aT ta ¢ :

1 1 1 1 X, + X 3 9
S=y,+Y, =X +—+X+—=(X+X)+| —+—=0¢+x,)+ +—2=3+—==
A R (X +%,) [xl XJ(xi 2) xx 25

2 2 2

=2+1+1+

N |-
N | ©

1 1 1
P=vy,y,=0%+—=)(X +—)=%xX, +1+1+
Xl X2 2

Vay Phuong trinh can 1ap ca dang: y’-Sy+P=0
hay vy’ —gy+%:0c>2y2—9y+9:0

Bai tdp ap dung:
1/ Cho Phuong trinh3x8 +5x-6=0 cu 2 nghiém phdn biét x;;x,. Khong giai Phuong trinh,

Hoéy 1ap Phuong trinh bac hai ct coc nghiém vy, = x, +Xi va y, = X, +%

2
, A 2 5 1 2
(bap so: y +gy—§=0 hay 6y*+5y-3=0)
2/ Cho Phuong trinh : x2—5x—-1=0 ct 2 nghiém x;x,. Hoy 1ap Phuong trinh bac 2 ci an y
thoa moén y, =x’ va y, =x, (c6 nghiém la luy thira bac 4 cua cac nghi€ém ctia Phuong trinh

do cho).
(Dap s : y>—727y+1=0)
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Cac dang todan on thi vao lop 10
3/ Cho Phuong trinh bac hai: x*—2x-m* =0 cu coc nghiém x;;x,. Hoy 1ap Phuong trinh

bac hai cti coc nghi¢m vy,;y, sao cho :
a) =%-3 va Y, =% —3 b) v, =2x-1 va Y, =2%,—1
(Dap sb a) y>*—4y+3-m°=0 b) y*-2y—(4m*-3)=0 )

I11. TIM HAI SO BIET ToNG VA TiCH CUA CHUNG
Néu hai sb cti Tong bang S va Téch bang P thd hai sb d6 13 hai nghiém ctia Phuong trinh :
x2—Sx+P =0 (Diéu kién dé c6 hai sé d61a S* — 4P >0)
Vé du : Timhai sé a, b biét tong S=a+b= -3 vatoch P=ab= -4
Voa+b=-3va ab=-4nén a,blanghiém ctia Phuong trinh : x*+3x-4=0
giai Phuong trinh tron ta dugc x, =1 va x, =—4
Viay néua=1thgb=-4
nfua=-4thdb=1
Bai tdp 4p dung: Tim 2 s6 a va b biét Téng S va Téch P
1. S=3 va P=2
2. S=-3 vda P=6
3.S=9 wva P=20
4. S=2x va P=x*-V°
Bai tdp nang cao: Tim 2 s a va b biét
1. a+b=9 va a’+hb?=41
2. a-b=5va ab=36
3. a+b°=61 va ab=30
Huéng dan: 1) Theo dé bai d6 biét.fong’ctia hai sé a va b, viy dé ap dung hé thiuc VI- ET
thd can Tim téch ciaa v ab.

81—(a2 +b2)

T a+tb=9=(a+b)’ =81=8%+2ab+b* =8l ab= -

=20

X, =4

Suy ra : a, b 1a nghiénivetia Phuong trinh ¢ dang : x* -9x+20=0 < {

X2
Vay: Néua=4thib=5
~neua=5thib=4 q
2)Bict tich: ab =36 do d6 can Timtong:a+b
Cachl:batc=-btacl:a+c=5vaac=-36
Suy ra a,c la nghiém ctia Phuong trinh : x> -5x-36=0< K :_:r
, =
Do donéua=-4thdc=9nonb=-9
ntua=9thdc=-4nonb=4
Coch 2: T (a—b)’ =(a+b)’—4ab=(a+b)’ =(a—b)’ +4ab =169
a+b=-13
a+b=13
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*) V6i a+b=-13 va ab = 36, nén a, b 1a nghiém cta Phuong trinh :
X, =—4
X, =-9
Vaya=-4 thib= -9

x2+13x+36=0<:{

*) V&i a+b=13 va ab = 36, nén a, b 1a nghiém ctia Phuong trinh : x*-13x+36=0< Kl _‘;
, =

Vaya=9thdb=4

3) D6 biét ab =30, do d6 can Tima + b:
.2 2 2 a+b=-11
Tu:a"+b"=61 =(a+b) =a*+b’+2ab=61+2.30=121=11° :{
a+b=11

*)Néu a+b=-11 va ab = 30 thi a, b 14 hai nghiém ctia Phuong trinh:
X, =-5
X, =—6

Vay néua=-5thib= -6 ;néua=-6 thib = -5
*) Néu a+b=11 va ab = 30 thi a, b 12 hai nghiém cta Phuong teinh :
X, =5
X, =6

Vaynéua=5thib=6;néua=6thib=5.
IV. Tim diéu Kién ciia tham s6 dé Phwong frinkvbac hai c6 mét nghiém x = x; cho
trudc . Tim nghiém thir 2
Cach giai:

e Tim diéu kién dé Phuong trinH\c6 nghiém x= x; cho trudc c6 hai cach lam:

+) Céch 1:- Lap diéu kién dé Phuongtrinh bac 2 da cho c¢6 2 nghiém: A >0 (hodc A’ >0)

(*)

x2+11x+30=0c{

x2—11x+30=0<:{

- Thay X = X; Va0 Rhuteng trinh da cho ,tim duoc gi tri cia tham s6

- Bdi chiéu giafriWra tim duoc cta tham sb v6i didu kién(*) dé két luan
+) Céch 2: - Khong candép diéu kiénA >0 (hodc A’ >0) ma ta thay lubn x = x; vao
Phuong trinh da cho,tim dugc gia tri cia tham $6

- Sau d6 thay gia tri tim duoc ctia tham sb vao Phuong trinh va giai Phuong

trinh
Ch('y : Néu sau khi thay gié tri ctia tham s6 vao Phuong trinh , ma Phuong trinh bac hai
nay co
A < 0 thi két luan khong co gia tri nao ciia tham s6 dé Phuong trinh c6 nghiém x; cho
trudec.

e Pé tim nghiém thir 2 ta c6 3 cach lam:
+) Céch 1: Thay gia trj ctia tham sb tim duoc vao Phuong trinh rdi giai Phuong trinh (nhu
cach 2 trinh bay & trén)
+) Céch 2 :Thay gia trj ciia tham sb tim duoc vao cong thic tong 2 nghiém s& tim duoc
nghiém thar 2

Thay Phuc - Giéi thiéu day kém - Phone/Zalo: 0966.033.599



Cac dang todan on thi vao lop 10
+) Céch 3: thay gi4 tri ctia tham s6 tim duoc vao cong thire tich hai nghiém,tir d6 tim duogc
nghiém th2
V. TINH GIA TRI CUA CAC BIEU THUC NGHIEM
Dbi cac bai toan dang nay diéu quan trong nhat 13 cac em phai biét bién d6i biéu thuc
nghiém d6 cho vé biéu thirc ¢t chira tong nghiém x +x, Va tich nghiém xx, dé ap dung hé

thire VI-ET rdi tinh gia tri ctia biéu thirc
1.Phwong phdp: Bién doi biéu thirc dé lam xuat hién . (x +x,) va xX,

Dang 1. X +x5 = (X2 +2%X%, +X2) = 2XX, = (X +X,)* —2%X,
Dang 2. %+ =(x+%) (¢ =%+ ) = (% +%,)| (% +%,) ~3%x, |

Dang 3. X' +x =€) +(x)? =(x¢ +3¢) ~ 26 =[ (%, +%,)° ~2x%, | - 2%

Dang 5. x —x,=? Tabiét (xl—xz)z:(x1+x2)2—4xlx2:>xl—x2=J_r\/(x1+x2)2—4xlx2
Dang 6. x'-X (xl—xz)(x1+x2)=(i\/(xl+x2)2—4x1x2.(x1+x2))

Dang 7. X-x = (xi—xz)(xf+x1x2+x§)=(xl—x2)[(x1+x2)2—xlxz} = e
Dang 8. x'-x; = (xf+x22)(xf—x22) N

Dang 9. x+x = (X)*+(x)° =(x+x)(x - %)= ........
Dang 10. % - =(x")* = (") = (" =% D +x° %" +(x,")?|=
Dang 11. x*+x =(x° + %) (% +x2)=%2.%,° (X, + X,)
Dangl2: (X1—a)( X, —a) = XX, —alXxy+ X,) +a*=p—aS +a’

1 N 1 _ X, + Xn 2| _ S-2a
X,—a X,—a (Xx,=a)w-a) p-aS+a’

Dangl3

2. Bai tap dp dung: Khéng gidi Phirong trinh, tinh gid tri ciia biéu thirc nghiém
a) Cho Phuong trinh< %2 -8x+15=0 Khong giai Phuong trinh, hdy tinh

2 2 i i i
12+ (34) 2 s (15j
X, X% (34 2
3. % (15) 4. (% +%,) (46)
b) Cho Phuong trinh : 8x* —72x+64 =0 Khong giai Phuong trinh, hdy tinh:
1,1t (8 2, 2
1. x + x (8) 2. X +% (65)
c) Cho Phuong trinh : x*-14x+29=0 Khong giai Phuong trinh, hdy tinh:
1,1 (14 2 2
L (zgj 2. ¥ ix: (138)
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d) Cho Phuong trinh : 2x* -3x+1=0 Khong giai Phuong trinh, hay tinh:

1 1 1-x 1-X
1. —+= (3) 2. Ly — 2 @
X% X X,
e (1 4, N Ko 5)
3xex (1) x2+1+x1+1 (6
R
-1 x,-1
e) Cho Phuong trinh x? —4+/3x+8=0 ¢6 2 nghiém X, ; X, , khong giai Phuong trinh, tinh
_ 6x +10xX, +6x;
5X, XS +5XX,
62 +10%,%, +6x2 (X +X,)? —2%X, 6.(4\3)° 2.8 17

HDQ: = = = =
5%X; +5%%, 5x1x2[(x1+x2)2—2x1x2} 5.8] (44/3)° - 2.8] ) 80

VI. TIM HE THUC LIEN HE GIUA HAI NGHIEM €UA PHUONG TRINH SAO
CHO HAI NGHIEM NAY KHONG PHU THUQE€ (HAY POC LAP) VOI THAM
SO

Pé 1am céc bai toan loai nay,cac em lam laprhret theo cac budce sau:

1- Pt diéu kién cho tham s6 dé PhuongEriph d6 cho ¢ hai nghiém X; Va X,
(thuonglaa=0vaA>D0)

2- Ap dung hé thic VI-ET: X %X, = X =

3- Sau d6 dua vao hé thie¢ VI-ET rut tham sb theo téng nghié¢m, theo tich nghiém sau dé
d6ng nhat cac vé ta s§ duroc mot biéu thirc chira nghiém khéng phu thudc vao tham s6.D6
chinh 14 hé thuc lién hé giita cic nghiém X; va X, khong phu thudc vao tham sé m.

V6 du 1: Cho Phuong trinh : (m-1)x*—2mx+m—-4=0(1) cu 2 nghiém x;x,. Ldp hé thirc
lién hé giita x;x, sao cho khong phu thuoc vao m.

(Bai nay da cho PT c6 hai nghi¢émx; ;X, nén ta khong bién luan budc 1)

Giai:

Budc2: Theo hé thue VI-ET tacb:

2m 2
+X, = —— +X, =2+——/(1
XK= XX =24 (D)
m-4 3
XX, = —— XX, =1—-——(2
1%2 m—l 12 m—l()
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Budc2: Rut mtur (1)taco:

2 2
—= -2 —1l=— 3
mo1 2 e e X, + X, — 2 3)
Ratmtir (2) tacod :
3 3
2 1o 1= 4
—— XX, < M - 4)

Budc 3:  Dong nhat cac vé cua (3) va (4) ta co:
2 3
X +X, -2 1-X%XX,

< 2(1-%%,) =3(X+X, —2) < 3(X + X, )+ 2xX, —8=0

V6 du 2: Goi x;x, la nghiém cua Phuong trinh : (m-1)x*-2mx+m-4=0. Chimg minh
rang biéu thuc A= 3(x, +X, )+ 2xx, —8 khong phu thudc gia tri ctia m:
Theo hé thue VI-ET ta co :

2m
XX =
mm; PK:(m-1=0<m=1) ;Thay.vao A ta co:
X, = ——
X, X, —
2m m-4 pm42m-8-8(m-1) 0
A=3(x +X,)+2xX,—8=3. + 2. 8% = =0
() + 20, m-1 ~ m-d m-1 m-1

Viay A =0 v6i moi m=1 . Do @6 biéwthic A khong phu thudc vao m
Bai tip ap dung:
s1. Cho Phuong trinh : x* —(m+2)X#(2m-1)=0. Hay 1ap hé thuc li€n hé giira x;x, sao cho

x.; X, doc 1ap do1 vai m.

Hudng dan:
Bl: D@ thay A=(m¥2)" —4(2m-1)=m*-4m+8=(m—-2)° +4>0. Do d6 Phuong trinh da

cho Iudn co6 2 nghiém phan biét x; va X,
B2: Theo hé thie VI- ET ta co

X +X, =M+2 M=% +% —2(1)
{ < XX, +1
XX, =2m—1 m:T(Z)

B3:  Tu(1)va(2)taco:
x1+x2—2z%+1<:>2(x1+x2)—x1x2—5:0

Cho Phuong trinh : x* +(4m+1)x+2(m-4)=0.
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Cac dang todan on thi vao lop 10
Tim hé thac lién hé gitra x, va x, sao cho chdng khéng phu thudc vao m.
Hudng dan: D& thdy A=(4m+1)>—4.2(m-4)=16m’+33>0 Do d6 Phuong trinh da cho luon
c6 2 nghiém phan biét X; va X,
Theo hé thue VI-ET ta c6
X, + X, =—(4m+1) 4m=—(x +x,)—-1(1)
X,.X, =2(m—4) < 4m = 2x,x, +16(2)
Tu (1) va (2) ta co:
—(X, +X,) —1=2%X, +16 < 2XX, + (X, + X,) +17=0
VII. TIM GIA TRI THAM SO CUA PHUONG TRINH THOA MAN BIEU THUC
CHUA NGHIEM DA CHO
Doi véi cac bai toan dang nay cac em lam nhu sau:
- bat dicu kién cho tham so d€ Phuong trinh d6 cho ¢é hai nghiémXy va X,
(thwonglaa=0vaA>0)
- Tir biéu thirc nghiém d6 cho, &p dung hé thirc VI-ET d¢&/sidi Phuong trinh (c6 4n 1a tham
s0).
- Péi chiéu véi diéu kién xac dinh ctia tham sb dé xdedinh gia tri can Tim.
Vi dy 1: Cho Phuong trinh : mx* —6(m-1)x+9(m3)=0
Tim gié tri cta tham sé m dé 2 nghiémx, Va x, thoa man hé thic : x, +x, = XX,

Bai giai: Diéu kién dé Phuong trinh c6 2nghiém x; va x, 1 & :

m=0 m.#40 m=0 m=0
A':[3(m—21)]2—9(m—3)m20<:> A'=9(m2—2m+1)—9m2+2720<:> A':9(m—l)20<:>{m2—1

o X 6(m-1)
2 - 4
Theo hé thirc VI- ET ta cé: o(m rg) va tur gia thiét: x +x, = xx,. Suy ra:
X, =
m

6(m-1) 9(m-3)
m om

& 6(M-1)=9(M-3) < 6m-6=9m-27 = 3m=21lcm="7

(thoa mén diéu kién xac dinh )
Vay v6i m = 7 thi Phuong trinh d6 cho c0 2 nghiém x, va x, thoda mdn hé¢ thirc :
X+ X, = XX,
Vo du 2: Cho Phuong trinh @ x* —(2m+1)x+m*+2=0.

Tim m dé 2 nghiém x, va x, thoa mén hé thtc : 3xx, —5(X +X%,)+7=0
Bai gidi: Diéu kién dé Phuong trinh ¢6 2 nghiém x, &x, 14
A'=(2m+1)>2 —4(m* +2) >0
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Cac dang todan on thi vao lop 10
< 4m? +4m+1-4m? —-8>0

<:>4m—720<:>m2%

X +X, =2m+1

Theo hé thirc VI-ET ta c0: { va tir gia thiét 3x.x, —5(x,+X,)+7=0.Suy ra

2
XX, =m*+2

3(m*+2)-52m+1)+7=0
<3m°+6-10m-5+7=0
m=2(TM)

<3m*-10m+8=0< 4
m =~ (KTM)

Vay voi m = 2 thi Phuong trinh ci 2 nghiém x, va x, théoa man hé thac :
3%X, —5(% +%,)+7=0
Bai tap ap dung

1. Cho Phuong trinh : mx*+2(m-4)x+m+7=0

Tim m dé 2 nghiém x, va x, thoa man hdhirc : x, —2x, =0
2. Cho Phuong trinh @ x* +(m—1)x+5m46=0
Tim m dé 2 nghiém x, va x, thGaman hé thirc: 4x, +3x, =1
3. Cho Phuong trinh : 3x* —(3m~+2jx—(3m+1)=0.
Tim m dé 2 nghiém x.Va x, thoa man hé thuc : 3x —5x, =6
Huéng din cach giii:
D061 vai cac bai tap dang nay ta thay co6 mot di€u khac biét so véi bai tap & Vidu 1
va vidu 2 & cho:
+ Trong vi du thi bi€usthirc nghiém d6 chira san tong nghiém x, +x, va tich nghiém xx, nén
ta co thé van dung truc tiép hé thirc VI-ET dé Tim tham s6 m.
+ Caing trong 3 bai tap trén thi cac bieu thirc nghiém lai khéng cho san nhu vay, do d6 van
de dat ra & day la 1am thé nao dé tur bi€u thirc d6 cho bién doi vé bi€u thirc ¢ chira tong
nghiém x +x, va tich nghiém x x,roi tir d6 van dung tuong tu cach lam d6 trinh bay ¢ Vi
du 1 va vi du 2.

BT1: - DKXD: m;tO&ms%
x1+x2:_(m_4)
-Theo VI-ET: m
XX :m+7
2 m
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Cac dang todan on thi vao lop 10
X, + X, =3X,
’ ‘2(X1+X2) =3x
- Thé (1) vao (2) ta dua dugc vé Phuong trinh sau: m® +127m-128=0=m, =1 m, =128
BT2: - DKXD: A=m?-22m+25>0<>11-+/96 <m<11++/96

- Theo VI-ET: {Xl X =1mm gy
XX, =5m—6

- Tt x,—2x,=0 Suy ra: { = 2(% +%,)* =9%X%, (2)

X =1-3(x +X%,)
-Tu: 4x +3x,=1. Suy ra: |x,=4(x,+x,)-1
S XX, =704 +%,) =12(x, +%,)* -1

= XX, =[1-3(%, +%,)|.[4(x, +X,) —1] @)

- Thé (1) vao (2) ta c6 Phuong trinh : 12m(m-1)=0 < [2 if (thoa man bKXD)

BT3: - Vi A=(3m-2)2+4.3(3m+1) =9m’ + 24m+16 = (3m+4)’ >0 v&i ie1’sd thuc m nén
Phuong trinh Iudn c¢6 2 nghiém phan biét.

3m-2

X +X, =
- -Theo VI-ET: 3
—-(Bm+1)

XX = ——

8x, =5(X, +X, )+ 6
- Tr gia thiét: 3x,—5x, =6. Suy ra: |8x, = 3(x_+X)~6
& BAXGLE(X, +X,)* —12(%, +X,) — 36

= 64x,X, =[5(X, +X,) +6].[3(x, +X,) — 6]

(2)
m=0

32 (thoa mén)
15

- Thé (1) vao (2) ta duoc Phuongtrinh? m(45m+96) =0 <

VII1. XAC PINH DAU-CAC NGHIEM CUA PHUONG TRINH BAC HAI
Cho Phuong tAdh: ax’+bx+c=0 (a = 0) .Hay Tim diéu kién dé Phuong trinh c6 2

nghiém: trdi ddu, cing diu, ciing dwong, cing ém ...
Ta lap bang xo6t ddu sau:

Dau nghiém X1 Xo S=x+X | P=xX A Diéu kién chung
tréi ddu + - P<0 | A>0 A>0 ;P<O,
cu’ngdd'u, + + P>0 A>0 A=>0 ;P>0

cung duong, + + S>0 P>0 A>0 A>20 ;P>0:;S>0
cung om - - S<0 P>0 A>0 A>0 ;P>0:S<0.

V6 du: Xdc dinh tham sé m sao cho Phwong trinh:
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Cac dang todan on thi vao lop 10
2x* —(3m+1)x+m’-m—-6=0 cl 2 nghiém troi dau.

Pé Phuong trinh ¢6 2 nghiém trai dau thi

A=(m-7)>>0Vm
P=(m-3)(m+2)<0

_ 2 2
A>0 A=EBm+1) -4.2.(m"-m-6)>0
= & -2<m<3

& 2 _m-—
P<0 P:m—mG<0
2

Vay v6i —2 <m<3 thi Phuong trinh ¢t 2 nghiém trai dau.
Bai tap tham khio:

1. mx*-2(m+2)x+3(m-2)=0 €0 2 nghiém clng dau.
2. 3mx*+2(2m+1)x+m=0 €0 2 nghi¢ém am.
3.(m-1)x*+2x+m=0 CO it nhat mot nghiém khong am.

IX. TIM GIA TRI LON NHAT HOAC GIA TRI NHO NHAT CUA BIEU THUC
NGHIEM
Ap dung tinh chét sau vé bat dang thic: trong moi trgdng hop néu ta ludn phan tich duoc:

A 2 . .
C= [k j: (trong do A, B 1a cac bicuthie\khong am ; m, k 1a hang s6)  (*)

Thitathdy: C>m (Vi A>0) =minC=m<>A=0

C<k (viB>0) = maxC=k < B=0

Vi du 1: Cho Phuong trinh : x* #42m-1)x-m=0
Goi x, VA x, 1a cac nghiém cta Phuong trinh. Tim m dé :
A=x2 +x326%x, CO gia tri nho nhét.

X, + X, =—(2m-1)

Bai giai: Theo VI-ET: {
XX, =-m

Theoddbai:  A=X X -6%X=(%+%) ~8xX

= (2m —1)2 +8m
=4m®-12m+1
=(2m-3)°-8>-8

Suy ra: minA=-8<2m-3=0 hay m =g

Vidu 2: Cho Phuong trinh: x*-mx+m-1=0
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Goi x, va x, la cac nghiém cua Phuong trinh. Tim gia tri nho nhat va gia tri 16n nhat
ctia biéu thirc sau:
B 2%, X, +3
X+ X5 +2(%X, +1)

X +X, =M
XX, =m-1
2% X, +3 2X, X, +3 2(m-1)+3 2m+1
B X2+ X5 +2(%X, +1) B (X +X%,)*+2 T mir2 mi+2
Cach 1: Thém bt dé dua vé dang nhu phan (*) d6 huéng dan
Ta bién do61 B nhu sau:
_mPe2-(m-2m+1)  (m-1)

B= =1-
m? + 2 m? + 2

Ta c6: Theo hé thirc VI-ET thi : {

=B

~ 2 (m—l)z
Vi (m-1) 20=--5—2>0=B<1
m°+2

Vay maxB=1l<m=1
Vo1 cach thém bot khac ta lai co:
1 1. 1/ 1.2
SmE2mel-Cm E(m +4m+4)—§(m +2) (m+2) 1

B=2 = = =
m? +2 m? +2 2(m2+2) 2

2
Vi@n+2fzo:>imizl—zo:>sz—1
2(m?+2) 2

Vay minB:—%cm:—Z

Céch 2: Pua vé giai Phuong trinfrbac 2 v6i an 1a m va B 1a tham s, ta s& Tim diéu kién
cho tham s0 B dé Phuong trinh' dé cho ludn ¢ nghiém véi moi m.

5 ZT +; = Bm?-Om+2B-1=0 (Voimla ém, B la tham sé) (**)
m* +

Taco: A=1-B(2B-1)=1-2B*+B
Pé Phuong trinh (**) ludn c6 nghiém véi moi m thi A >0

hay —2B*+B+1>0 2B’ -B-1<0<(2B+1)(B-1)<0

i 1

B+1<0 [JB=73

B-1>0 B>1 1

= = @—E£B<l
2B+1>0 g 1
B-1<0
B<1

Vay: maxB=1l< m=1
minB:—%amz—Z
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Bai tap 4p dung
1. Cho Phuong trinh : x* +(4m+1)x+2(m—4)=0.Tim m d¢ biéu thic A=(x -x,)* 6

gi0 tri nho nhat.

2. Cho Phuong trinh x?—2(m-1)x—3-m=0. Tim m sao cho nghiém x;x, thoa mén diéu
kiénx? +x; >10.

3. Cho Phuong trinh : x? —2(m—4)x+m?-8=0 xéac dinh m dé Phuong trinh ¢6 2 nghiém
x.; X, théa man

a) A=x +x,—3xXx, dat gia tri 1n nhét

b) B=x?+x2—xx, dat gia tri nh6 nhat

4. Cho Phuong trinh : x? —(m—1)x—m?+m—2=0. V&i gia tri nao ctia m, biéu thitc C=x?+x
dat gia tri nho nhét. o

5. Cho Phuong trinh x* +(m+1)+m=0. Xac dinh m dé biéu thuc E<x¢+x’ dat gia tri nho
nhat.

Bai tip

Bai tap 1:

Bién dbi cac Phwong trinh sau thanh Phwong trinh.bac hai rdi giai

a) 10x° +17x +3 =2(2x-1)-15 >+ 7x - 3 =x(x-1)-1

c)2x*-5x -3 =(x+1)(x-1)+3 dBx°-x -3 =2x(x-1)-1+x°
e)-6x°+x -3 =-3x(x-1)-11 f)-4x2+x(x -1) - 3 =x(x+3)+5
g)X°- X - 3(2x +3) =-x(x-2)x1 h) -x*- 4x - 3(2x -7) =-2x(x+2)-7
i) 8x*- X - 3x(2x - 3) =-X(Xx-2) kK)3(2x +3) =-x(x-2)-1

Bai tip 2: Cho Phuong thnh: X* -2(3m+2)x +2m°-3m +5 =0
a) Giai Phuong trinh wgi m = - 2;

b) Tim cac gia tri cia'm dé Phuong trinh 6 mot nghiém x = -1

¢) Tim céc gia tri cia m dé Phuong trinh trén c6 nghiém kép.

Bai tip 3 Cho Phuong trinh: X -2(m-2)x +m*-3m +5 =0
a) Giai Phuong trinh vé1 m = 3;

b) Tim cac gia tri ciia m dé Phuong trinh c6 mot nghiém x = - 4;

¢) Tim céc gia tri cia m dé Phuong trinh trén c6 nghiém kép.

Bai tap 4:

Cho Phuong trinh: X -2(m-2)x +2m*+3m =0

a) Giai Phuong trinh vé1i m = -2;

b) Tim cac gia tri ciia m dé Phuong trinh c6 mot nghiém x = -3

¢) Tim céc gia tri cia m dé Phuong trinh trén c6 nghiém kép.
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Bai tip 5: Cho Phuong trinh: X* - 2(m + 3)x + m*+ 3 =0
a) Giai Phuong trinh véi m=-lvam =3
b) Tim m dé Phuong trinh c6 mot nghiém x = 4
¢) Tim m dé Phuong trinh ¢ hai nghiém phan biét
d) Tim m dé Phuong trinh c6 hai nghiém thod man diéu kién x; = X,
Bai tip 6:
Cho Phuong trinh : (m + 1) x> + 4mx +4m-1=0
a) Giai Phuong trinh véi m = -2
b) Vi gia tri nao cia m thi Phuong trinh ¢6 hai nghiém phan biét
¢) Tim m dé Phuong trinh c¢6 hai nghiém thoa man diéu kién x; = 2X,
Bai tap 7:
Cho Phuong trinh : 2x* - 6x + (M +7) = 0
a) Giai Phuong trinh voi m = -3
b) V&i gia tri nao cua m thi Phuong trinh ¢6 mot nghiém x = - 4
c¢) Vi gia tr1 nao cua m thi Phuong trinh da cho v nghiém
d) Tim m dé Phuong trinh c6 hai nghiém thod man diéu kién xm= - 2X,
Bai tap 8:
Cho Phuong trinh:  x*- 2(m-1)x+m+1=0
a) Giai Phuong trinh véim=-4
b) Vi gié tri nao cua m thi Phuong trinh ¢6 hai aghiém phan biét
d) Tim m dé Phuong trinh c¢6 hai nghiém thoaman"dicu kién x, = 3x,
Bai tap 9:
Biét rang Phuong trinh : x* - 2(m + 1 )xc+m® +5m- 2 =0 ( Vi m la tham s ) c6 mot
nghiém
x = 1. Tim nghiém con lai
Bai tap 10:
Biét rang Phuong trinh : x* ;2(3M + 1)x +2m? -2m-5 =0 ( V6i m la tham s6 ) c6 mot
nghiém
X = -1 . Tim nghiém cod4ai
X = -1. Tim nghiém cenlai.
Bai tip 11: Cho Phuong trinh: X* -mx +2m-3=0
a) Tim m dé Phuong trinh c6 nghiém kép
b) Tim m dé Phuong trinh c6 hai nghiém trai dau
¢)Tim h¢ thtc gitta hai nghiém cua Phuong trinh khong phuy thudc vao m
Bai tap 12: Cho Phuong trinh bac hai
(M-2)x* -2(m+2)x +2(m-1)=0
a) Tim m dé Phuong trinh ¢6 mot nghiém x = - 2
b) Tim h¢ thuc lién h¢ gitra hai nghiém khong phu thudc vao m
¢) Khi Phuong trinh ¢c6 mdt nghi€ém x = -1 tim gia tri cia m va tim nghiém con lai
Bai tip 13:Cho Phuong trinh: x* - 2(m- 1)x + m? -3m =0
a) Tim m dé Phuong trinh ¢ mot nghiém x = - 2. Tim nghiém con lai
b) Tim m dé Phuong trinh ¢6 hai nghiém x; va X, thao man: X12 + X22 =8
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c¢) Tim gia tri nho nhatcia A = x;°+ X°
Bai tip 14: Cho Phuong trinh: mx*- (m+3)x +2m+1=0
a) Tim m dé Phuong trinh ¢6 hiéu hai nghiém bang 2
b) Tim hé thirc lién hé gitra x;va X, khong phu thuéc m
Bai tap 15: Cho Phuong trinh: X* - (2a- 1)x -4a-3=0
a) Ching minh rang Phuong trinh luén c6 nghiém véi moi gia tri ciia a
b) Tim h¢ thuc lién h¢ gitra hai nghi€ém khong phu thudc vao a
¢) Tim gié tri nho nhit cua bidu thic A = x4% + X,°
Bai tip 16: Cho Phuong trinh: x* - 2(m+4)x +m? -8=0
a) Tim m dEA=x"+ X2 - X1- Xy dat gia tri nhd nhat
b) Timmdé B = x; + X, - 3X;X, dat gia tri 16n nhat
¢) Timm dé C=x"+ X,° - XXz
Bai tip 17: Tim gia tri ciia m dé cac nghiém x4, X, cia Phuong trinh

mx° - 2(m - 2)x + (m - 3) = 0 thoa man diéu kién X; +X; =1
Bai tap 18:
Cho Phuong trinh x? - 2(m - 2)x + (m*+ 2m - 3) = Q. Tin m dé Phuong trinh ¢6 2 nghiém

A 1ot A , o~ 1 1 X +X
X1, X phan biét thod man —+—=-"1——-%2
X, X, )

Bai tap 19:

Cho Phuong trinh: mx?- 2(m + 1)x +(mM'<4) = 0 (m 13 tham sd).

a) Xac dinh m dé cac nghiém x,, X»,ctta Phuong trinh thod man x; + 4x, = 3
b) Tim mdt hé thic gitra x;; X; ma’khong phu thudc vao m

Bai tap 20:

a) V&i gia tri nao mi*thi* hai Phuong trinh sau c6 it nhat mot nghiém chung. Tim nghiém

chung d6?
X*-(M+4)x+m+5=0 (1)
X*-(M+2)x+m+1=0 (2)

b) Tim gia trj cia m dé nghiém cua Phuong trinh (1) 1a nghiém ctia Phuong trinh (2) va

nguoc lai.
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d. Mot so Phwong trinh thwong géip:

A=0
B=0
Vidu: Giai Phuong trinh:2x° + x* ~13x+6 =0 . Phén tich vé trai thanh nhan tir bang
Phuong phap nham nghiém.( nghiém thudc udc ctua 6)ta duoc:
X, =2

(x—2)(2x* +5x—3) =0 < |X, :%

1. Phwong trinh tich: Dang: AB=0< [

Xy =—3
Bai tap:
Bail: x*-2x*-x>+8x-12=0
Bai2: 2x*-3x?-11x+6=0
2.Phwong trinh chira 4n ¢ mau:

1+ x? *)

Vidu: Giai va bién ludn Phuong trinh sau: = 1-x

DKXDb: 1+mx¢0©x¢%(m¢0)

Khi d6 Phuong trinh (*) <1+ x* = (1—- x)(L+ mx) < x2¥mx*+ x—mx =0
< @L-m)x? +(1-m)x = 0 SA@L m)x +1-m]=0
x=0
@-m)x+1-m=0%@-m)x=m-1

X=0

Néu m =1; thi Phuong trinh ¢6 nghiémy  m_1 .
X=— = —

1-m

Néu m = 1 thi Phuong trinh c6 nghi¢m: x = 0.

Bai tap:

Bail: 2 - X2 0

X+3 3x—-x\ X(x°-9)
Bai2: > u

- =3
x-1 3-6x+3x°

3. Phwong trinh chira an trong dau_gia tri tuyét doi
Vi du: Giai Phuong trinh: [3x—2/+[3x-1 =3

Ta c6 thé giai nhu sau: Lap bang xét vé trai:

X 1 2
3
3x—2| —3x+2 —3x+2 3x—2
3x -1 —3x+1 3x-1 3x-1
Vé trai cong —6x+3 Ox+1 6x -3
lai

Thay Phuc - Giéi thiéu day kém - Phone/Zalo: 0966.033.599



Cac dang todan on thi vao lop 10
Viay: + Voi x< % thi Phuong trinh (1) & 6x+3=3< 6x=0<x=0 ( thoa man)

+ Vi % <x< % thi Phuong trinh (1) <> 0x+1=3 Phuong trinh v6 nghiém.

+ Vi xz% thi Phuongtrinh (1) <> 6x-3=3<6x=6 <> x =1 thoa man.
Bai tap:
Bail: |[x-2/+[2x+1=5
Bai2: |x+3+2x=4

4. Phuwong trinh vo ti:
Vi du: a) Giai Phuong trinh: Vx +4 —v/x -1 =v1-2x
X+420x>-4 1

PP: +bDKXD; 1-x>0<=x<-1 <:>—4SXSE

1—2x20©x£%

+ Binh Phuong hai vé dé 1am mét can.
b) Giai Phuong trinh: /x+v2x—1 +/x— /23 122
PP: + DKXD: 2x—120c>x2%

+ Tao ra binh Phuong cua mot téng nofie’mot hidu cua biéu thirc dudi can dé dua ra
ngoait can.
Do thiéu 2 1an tich nén ta nhan ca hai,vé-clia Phuong trinh véi /2.

+ Xét xem biéu thirc dudi cad duong hay khong dé dit trong dau gia tri tuyét déi roi
giai Phuong trinh chira déu gia trivtuyét doi.
Bai tap:
Bail: VX’ —4x+4+Vx2+2x+1=3

Bai2:  x+2Jx—342 13 x-2J/x—3-2=3
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Cac dang todan on thi vao lop 10
Dang IV
Giii bai toan bang cich lap Phwong trinh.
I, Li thuyét can nhg:
*Bwéce 1:  + Ldp PT hodc hé Phuong trinh;
(nén ldp bang dé timPhirong trinh)
- Chon 4n, tim don vi va PK cho an.
- Biéu dién moi quan h¢ con lai qua an va cac dai luong da biét.
- Lap HPT.
* Bwéc 2. Giai PT hoac HPT.
* Buéc 3:  Doi chiéu véi PK dé tra loi.

11, Bdi tip va huéng din:

1) Toan chuyén déng:

Bai 1. Hai 6 t6 cung khoi hanh mét lac tir hai tinh A va B cach nhau™ 60 km, di nguoc
chiéu nhau va gip nhau sau 2 gid. Tim van tdc ciia mdi 6 t6 biét kang néu 6 to di tir A ting
van tdc thém 10 km/h s& bang hai 1an van toc 6t6 di tir B.

Bai 2: Mot nguoi di xe dap tir A dén B voi van téc 9km/h(NKhi di tir B vé A nguoi ay di
duong khac dai hon 6 km, v&i van téc 12km/h. nén thoi'gian it hon thoi gian khi dI 1a 20
phut. Tinh quang duong AB?

Bai 3. Hai ca nd cung khoi hanh tir hai bén A, B.c¢éeh nhau 85 km , di nguoc chiéu nhau va
gip nhau sau 1 gio 40 phut. Tinh van toc riéng@uaindi ca nd biét rang van téc ciia ca nd
xudi dong 16n hon van tbc ciia ca nd nguoc-ddag 1a 9 km/h (c6 ca van tbe dong nude) va
van tbc dong nude 1a 3 kmv/h.

2) Toan thém bét mét lwong

Bai 5. Hai 16p 9A va 9B c6 tong coiig 70 HS. néu chuyén 5 HS tir 16p 9A sang 16p 9B thi
s6 HS ¢ hai 16p bang nhau. Tinlr'so4HS mbi 16p.

Bai 6: Hai thung dung dau: Thuiig thir nhat co 120 lit,thung th hai c6 90 lit. Sau khi kiy
ra & thung thir nhat mot lugng dau gap ba luong dau 1dy ra ¢ thung thr hai, thi luong dau
con lai trong thung thirHai gap doi lugng dau con lai trong thing thir nhat. Hoi da 1y ra
bao nhiéu lit ddu & méithing?

3) Todn phan trim:

Bai 7. Hai truong A, B ¢6 250 HS 16p 9 du thi vao 16p 10, két qua c6 210 HS da tring
tuyén. Tinh riéng ti 1& d6 thi trudng A dat 80%, truong B dat 90%. Hoi mdi trudng cé bao
nhiéu HS 16p 9 du thi vao 16p 10.

4) Toan lam chung lam riéng:

Bai 8. Hai voi nudc cing chay vao mot bé khong c6 nude sau 2 gior 55 phat thi day bé.
Néu chay riéng thi voi thtr nhét can it thoi gian hon voi thir hai 13 2 gio. Tinh thoi gian dé
mdi voi chay riéng thi day bé.

Bai 9. Hai t6 cing 1am chung mot cong viéc hoan thanh sau 15 gio. néu té mot 1am trong 5
gi0, t6 hai lam trong 3 gio thi dugc 30% cong viéc. Hoi néu lam riéng thi mdi t6 hoan
thanh trong bao lau.

5) Toan nong dé dung dich:
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Cac dang todan on thi vao lop 10
Kién thirc: Biét rang m lit chdt tan trong M lit dung dichthi nong dé phan tram la %.100%

Bai 10: Khi thém 200g Axit vao dung dich Axit thi dung dich méi c6 nong do A xit 1a
50%. Lai thém 300gam nudc vao dung dich moi ,ta duge dung dich A xit co néng do
1340%.Tinh ndng d6 A xit trong dung dich dau tién.

HD: Khéi luong nude trong dung dich dau tién 13 x gam, khdi lugng A xit trong dung dich
dau tién 14 y gam Sau khi thém, 200 gam A xit vao dung dich A xit ta coluong A xit 1a: (y

+200) gam va ndng do 1a 50% Do d6 taco: _y+2%0 _1_.,_ y=200 (1)

y+200+x 2
Sau khi thém 300 gam nuéc vao dung dich thi khéi lwong nude la: (x + 300) gam va ndng
4012 40%(=2/5)nén taco: — Y200 _2_ o 3y (2)

y+200+x+300 5
Giai hé (1) va (2) ta duoc x = 600; y = 400 Vay nong do A xit 1a: —220 _ _ 40%
60047400

6)Toan nhiét lwong:
Kién thirc: Biét rang: + m Kg nude giam ©C thi tod ra mét whiét heong O = m.t (Kcal).

+m Kg nude tang °C thi thu vaeamdt nhiét heong O = m.t (Kcal).
Bai 11: Phai dung bao nhiéu lit nude s6i 100°C va bao.shicu lit nude lanh 20°C dé c¢6 hdn
hop 100lit nude ¢ nhiét do 40°C.

HD: Goi khdi lugng nudce soi 1a x Kg thi khériweng nude lanh 1a: 100 — x (kg)

Nhiét luong nudc sdi toa ra khi ha xudéng déide°C 1a: x(100 — 40) = 60x (Kcal)

Nhiét lugng nudc lanh ting tir 20°C -dén40°C 1a: (100 — x).20.  (Kcal)

Vi nhiét luong thu vao bang nhiét lughg-£oa ra nén ta c6 : 60x = (100 — x).20

Giai ra ta cd: x = 25.Vay khoi lvongnudce soi 1a 25Kg; nudce lanh 1a 75 Kg tuong duong
voi 25lit va 75 lit.

7)Cac dang toan khac:

Bai 12. M6t thtra rudng cochu'vi 200m . néu tang chiéu dai thém 5m, giam chiéu rong di
5m thi dién tich giam di‘25*m?*. Tinh dién tich thira ruéng do.

Bai 13. Mot phong hepeo 360 ghé dugc xép thanh timg hang va mdi hang co s6 ghé ngodi
bang nhau. Nhung do 5O nguol dén hop 14 400 nén phai ké thém 1 hang va mdi hang phai
ké thém 1 ghé méi du chd. Tinh xem luc ddu phong hop c6 bao nhiéu hang ghé va mdi
hang c6 bao nhiéu ghé.
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Dang V

Bai tip Hinh tdng hop

Bai 1. Cho tam giac ABC c6 ba gbc nhon ndi tiép duong tron (0). Cac duong cao AD, BE,
CF cat nhau tai

H va cit dudng tron (O) 1an lugt tai M,N,P. 3. AE.AC = AH.AD; AD.BC =
Xét tor giac CEHD tac6:  C/M: BE.AC.
4. H va M dbi xtimg nhau qua
1. Tt giac CEHD, ndi tiép . BC.
2. Bén diém B,C,E.F cung nam trén mot duong 5. Xac dinh tdam duong tron ndi
tron. tiép tam giac DEF.

Bai 2. Cho tam gi4c cAn ABC (AB = AC), cac dudng cao AD, BEX ¢it nhau tai H. Goi O 1a
tam duong tron

ngoai tiép tam giac AHE.

Chung minh tr giac CEHD noi tiép .

Bén diém A, E, D, B cung nam trén mot duongtcon’

Chtng minh ED = % BC.

Chimg minh DE Ia tiép tuyén ciia duong tcdn {O).
Tinh d dai DE biét DH =2 Cm, AH<'6 Cm.

ok W e

Bai 3 Cho ntra duong tron duong kinkh AB =2R. Tur A va B ké hai tiép tuyén AX, By.
Qua diém M thudc nira duong tromyke tlep tuyén thir ba cat cac tiép tuyén Ax , By lan luot
& C va D. Cac duong thang ADva.BC cit nhau tai N.

1. Chung minh AC + BD =D:

Chimg minh ~COD =90

2
Chimg minh AC.BB.= 22

Chung minh OC // BM
Chtng minh AB 14 tiép tuyén ctia duong tron duong kinh CD.
Chimng minh MN L AB.
. Xac dinh vi tri ctia M dé chu vi tr giac ACDB dat gia tri nhé nhat.
Ba| 4 Cho tam giac can ABC (AB = AC), I la tam duong tron noi tiép, K 1 tAm dudng
tron bang tiép goc
A, O 1a trung diém ciia IK.
1. Chung minh B, C, I, K cung nam trén mot duong tron.
2. Chimg minh AC 1a tiép tuyén ctia duong tron (O).
3. Tinh ban kinh duong tron (O) Biét AB = AC =20 Cm, BC =24 Cm.
Bai 5 Cho duong tron (O; R), tir mot diém A trén (O) ke tiép tuyén d véi (O). Trén duong
thang d 14y diém M bat ki ( M khac A) ké cat tuyén MNP va goi K 1a trung diém cta NP,
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Cac dang todan on thi vao lop 10
ké tiép tuyén MB (B la tiép diém). Ké AC L MB, BD L. MA, goi H 14 giao diém ctia AC
va BD, I 1a giao diém ctia OM va AB.

Chtng minh t&r gidc AMBO ndi tiép.
Chung minh nam diém O, K, A, M, B cung nam trén mot duodng tron .
Chting minh  OLOM =R Ol. IM = IA%.
Chtrng minh OAHB 14 hinh thoi.
Chtng minh ba diém O, H, M thang hang.
. Tim quy tich ctia diém H khi M di chuyén trén duong thang d
Bal 6 Cho tam giac ABC vudng ¢ A, duong cao AH. V& duong tron tdm A ban kinh AH.
Goi HD 1a duodng kinh ctia duong tron (A; AH). Tiép tuyén cta dudng tron tai D cat CA
6 E.

1. Chung minh tam giac BEC céan.

2. Goi I 14 hinh chiéu cua A trén BE, Chting minh rang Al = AH,

3. Chimg minh rang BE 14 tiép tuyén cia duong tron (A; AH)

4. Chtng minh BE = BH + DE.
Bai 7 Cho duodng tron (O; R) duong kinh AB. Ké tiép tuyén Ax'va lay trén tiép tuyén d6
mot diém P sao
cho AP >R, tir P ké tiép tuyén tiép xtic voi (O) tai M.

1. Chung minh rang tir gidc APMO ndi tiép dugé.mot dudng tron.

2. Ching minh BM // OP.

3. Puong thang vudng goc véi AB & O cit'tia-BM tai N. Ching minh tir giac OBNP la

hinh binh hanh.
4. Biét AN cit OP tai K, PM cat ON(ai\; PN va OM kéo dai cdt nhau tai J. Ching
minh L, J, K thang hang.

Bai 8 Cho nira duong tron tam,0 dufdmg kinh AB va diém M bat ki trén ntra duong tron (
M khac A,B). Trén nira mat phang, bo AB chura nira duong tron ke tlep tuyén Ax. Tia BM
cat Ax tai I; tia phan giac cua'géc IAM cat nira duong tron tai E; cit tia BM tai F tia BE cit
Ax tai H, cat AM tai K.

1) Chimg minh rangEFMK 1a tt giac noi tiép.

2) Chimg minh ring™*AI° = IM . IB.

3) Chung minh BAF la tam giac cén.

4) Chimg minh rang : Tt giac AKFH 14 hinh thoi.

5) Xéc dinh vi tri M dé tir giac AKFI ndi tiép duge mot duong tron.
Bai 9 Cho ntra dudng tron (O; R) dudng kinh AB. Ké tiép tuyén Bx va ldy hai diém C va
D thudc nira duong tron. Céc tia AC va AD cat Bx lan luot 6 E, F (F ¢ giita B va E).

1. Chung minh AC. AE khong doi.

2. Chiang minh £ ABD = £ DFB.

3. Chtng minh rang CEFD la ti gidc noi tiép.

ok

Bai 10 Cho duong tron tam O duong kinh AB va diém M bat ki trén nira duong tron sao
cho AM <MB. Goi M’ la di€ém d61 xtrng cua M qua AB va S 1a giao diém cua hai tia BM,
M’A. Goi P 1a chan duong
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vudng goc tir S dén AB.
1. Chung minh bdn diém A, M, S, P cung nam trén mot duong tron
2. Goi S’ 1a giao diém cia MA va SP. Chimg minh rang tam gidc PS’M can.
3. Chimg minh PM la tiép tuyén cua duong tron .
Bai 11. Cho tam gidc ABC (AB = AC). Canh AB, BC, CA tiép xuc v6i duong tron (O)
tai cac diém D, E, F . BF cit (O)tail, DI cat BC tai M. Chung minh :
1. Tam gidc DEF c6 ba géc nhon.
2. DF// BC. 3. Tir gidc BDFC ndi tiép. BD_BM
CB CF

Bai 12 Cho duong tron (O) ban kinh R ¢6 hai duong kinh AB va CD vudng goc vdi nhau.
Trén doan thang AB ldy diém M (M khéac O). CM cit (O) tai N. Puong thang vudng goc
v6i AB tai M cit tiép tuyén
tai N cua duong tron ¢ P. Ching minh :

1. T giac OMNP noi tiép.

2. Tu giac CMPO Ia hinh binh hanh.

3. CM. CN khoéng phu thudc vao vi tri cua diém M.

4. Khi M di chuyén trén doan thang AB thi P chaytréit doan thang c6 dinh nao.

Bai 13 Cho tam giac ABC vudng ¢ A (AB > AC)~dudng cao AH. Trén nira mit phang bo
BC chita dién A , V& nira dudng tron dudng kinh.BH cit AB tai E, Nira dudng tron
duong kinh HC cat AC tai F.

1. Chung minh AFHE la hinh chit nhét,

2. BEFC la tr giac ndi tiép.

3. AE. AB = AF. AC.

4. Chung minh EF 12 tiép tuyén-éhting cta hai nira dudng tron .

Bai 14 Cho diém C thudc-dean thang AB sao cho AC = 10 Cm, CB =40 Cm. V& vé mot
phia cia AB cac ntra dudng tron c6 duong kinh theo thtr ty 1a AB, AC, CB va c6 tam theo
thaty1la O, I, K.
Puong vudng goc voi AB tai C cit nira duong tron (O) tai E. Goi M. N theo thir ty 14 giao
diém cua EA,
EB véi cac nira duong tron (1), (K).

1. Chtimng minh EC = MN.

2. Chimg minh MN 14 tiép tuyén chung cta cac nira duong tron (1), (K).

3. Tinh MN.

4. Tinh di¢n tich hinh dugc gidi han bdi ba nira duong tron

Bai 15 Cho tam giac ABC vudng & A. Trén canh AC lay diém M, dyng dudng tron (O)
c6 duong kinh MC. dudng thang BM cit dudng tron (O) tai D. duong thang AD cit
duong tron (O) tai S.

1. Chtng minh ABCD la tir giac ndi tiép .
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N

Ching minh CA 1a tia phan giac cua goc SCB.

3. Goi E la giao diém cta BC véi duong tron (O). Ching minh rang cac duong thang
BA, EM, CD déng quy.

4. Chting minh DM la tia phéan giac cua géc ADE.

5. Chtng minh diém M 13 tAm dudng tron noi tiép tam giac ADE.

Bai 17. Cho tam giac déu ABC c6 dudng cao 1a AH. Trén canh BC ldy diém M bat ki (M
khong trung B. C, H ) ; tt M ké MP, MQ vudng gbéc véi cac canh AB. AC.
1. Chung minh APMQ 13 tt gidc ndi tiép va hiy xac dinh tim O ctia dudng tron ngoai
tiép tir giac do.
2. Chtng minh rang MP + MQ = AH.
Bai 18 Cho dudng tron (O) dudng kinh AB. Trén doan thang OB 1ay diém H bat ki ( H
khéng tring O, B) ; trén dudng thang vudng goc véi OB tai H, 1y mot diém M & ngoai
duong tron ; MA va MB thir tir cat duong tron (O) tai C va D. Goi N giao diém cua AD
va BC.
1. Chtng minh MCID 1a tr giac noi tiép .
2. Chimg minh cac duong thang AD, BC, MH dong giy tai .
3. Goi K la tim duong tron ngoai tiép tir giac MCID, Chimg minh KCOH 1a tir giac
noi tiép .

Bai 19. Cho duong tron (O) duong kinh AC. Frén ban kinh OC 14y diém B tuy y (B khac
0, C). Goi M 1a trung diém cua doan AB. @ua'M ké day cung DE vudng goc vi AB. Nbi
CD, K¢ BI vudng goc vai CD.

1. Chung minh tir giac BMDI noi tiép -

2. Chung minh tr gidc ADBE Jahinh thoi.

3. Chung minh BI // AD.

4. Chung minh I, B, E thang Hang.

5. Chimg minh MI 14 tiép\tuyén cua (O”).
Bai 20. Cho dudng trod~O; R) va (0’; R*) ¢6 R > R’ tiép xuic ngoai nhau tai C. Goi AC
va BC 1a hai duong kinlrdi qua diém C cua (O) va (O’). DE la day cung cua (O) vudng goc
vo1 AB tai trung dlem M ctia AB. Goi giao diém tht hai cia DC véi (O°) 1a F, BD cit (O”)
tai G. Chtrng minh rang:
T gidc MDGC noi tiép .
Bén diém M, D, B, F cung nam trén mot duodng tron
Tu giac ADBE 1a hinh thoi.
B, E, F thang hang
DF, EG, AB dong quy.
MF =1/2 DE.
MF 1a tiép tuyén cua (O”).

NoabkowdE

Bai 21. Cho duong tron (0) duong kinh AB. Goi I 1a trung diém ctia OA . V& duong tron
tam [ di qua A, trén (I) lay P bat ki, AP cat (O) tai Q.
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1. Chtng minh rang cac duong tron (I) va (O) tiép xtc nhau tai A.
2. Chimg minh IP // OQ.
3. Chtg minh rang AP = PQ.
4. Xac dinh vj tri cia P dé tam gidc AQB co6 dién tich 16n nhat.

Bai 22. Cho hinh vuong ABCD, diém E thudc canh BC. Qua B ké duong thang vudng
goc v6i DE, dudng thang nay cit cac duong thang DE va DC theo thir ty & H va K.

1. Chang minh BHCD 1a ttr giac ndi tiép . 4. Khi E di chuyén trén canh
2. Tinh goc CHK. BC thi H di chuyén trén
3. Chung minh KC. KD = KH.KB duodng nao?

Bai 23. Cho tam gidc ABC vudng & A. Dyng ¢ mién ngoai tam giac ABC céc hinh
vubng ABHK, ACDE.
1. Ching minh ba dlem H, A, D thang hang.
2. Puong thang HD cit dudng tron ngoai tiép tam giac ABC tdi F, chimg minh FBC
la tam glac vuong can.
3. Cho biét ZABC > 45° ; goi M 1a giao diém ciia BFAAED, Chimg minh 5 diém b, k,
e, m, ¢ cling nam trén mot duong tron.
4. Chimg minh MC 13 tiép tuyén cta dudng tron<ngdai tiép tam giac ABC.
Bai 24. Cho tam giac nhon ABC co ZB = 45° &duong tron duodng kinh AC ¢6 tim O,
duong tron nay cat BA va BC tai D va E.
1. Chung minh AE = EB.
2. Goi H 1a giao diém ctia CD va AE, Chimg minh rang dudng trung truc cua doan HE
di qua trung diém I ctia BH.
3. Ching minh OD 1a tiép tuyén-ciia duong tron ngoai tiép tam giac BDE.
Bai 25. Cho duong tron (O), BC\a'day bat ki (BC< 2R). K¢ cac tlep tuyen vo1 duong tron
(O) tai B va C chung cit nhay tai A. Trén cung nho BC ldy mot diém M roi ké cac duong
vudng goc ML, MH, MK xudng cac canh tuong tmg BC, AC, AB. Goi giao diém cua BM,
IK 1a P; giao didm ctia CM, TH 1a Q.
1. Chting minh tam giac* ABC can. 2. Céc tir giac BIMK, CIMH ndi tiép .
3. Chimg minh MI* = MH.MK. 4. Chtrng minh PQ L MI.
Bai 26. Cho duong tron (O), duong kinh AB = 2R. Vé& day cung CD 1. AB ¢ H. Goi M 1a
diém chinh gifta cia cung CB, I 14 giao diém ctia CB va OM. K 14 giao diém ctia AM va
CB. Chtrng minh :
1, %Z% 2. AM la tia phén gidc cia ZCMD. 3. Ta gidc OHCI ndi tidp
4. Ching minh duong vudng goc ké tir M dén AC cung 1a tiép tuyén cua duong tron tai M.
Bai 27 Cho duong tron (O) va mét diém A & ngoai duong tron . Cac tiép tuyen voi
duong tron (0) ké tir A tiép xtic v6i dudng tron (O) tai B va C. Goi M 1a diém tuy ¥ trén
duong tron ( M khac B, C), tt M ké MH L BC, MK L CA, MI L AB. Ching minh :
T giac ABOC noi tiép. 2. Z/BAO = 2 BCO. 3. AMIH ~ AMHK. 4,
MILMK = MH?,
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Bai 28 Cho tam giac ABC ndi tiép (O). Goi H 1a tryc tdm cuia tam gidac ABC; E 1a diém
d6i xtmg cua H qua BC; F 1a diém ddi xtng ctia H qua trung diém I ctia BC.

1. Chting minh tr giac BHCF 1a hinh binh hanh.

2. E, F nam trén duong tron (O).

3. Ching minh tr giac BCFE la hinh thang can.

4. Goi G 1a giao diém cta Al va OH. Chimg minh G 1 trong tim ctia tam giac ABC.
Bai 29 BC la mot day cung cta duong tron (O; R) (BC = 2R). Piém A di dong trén cung
16n BC sao cho O luén nam trong tam giac ABC. Cac dudng cao AD, BE, CF ciia tam
giac ABC ddng quy tai H.

1. Chtng minh tam giac AEF dong dang v&i tam gidc ABC.

2. Goi A’ 1a trung diém cua BC, Ching minh AH = 20A”.

3. Goi A; 1a trung diém cua EF, Chung minh R.AA; = AA’. OA’.

4. Chimg minh R(EF + FD + DE) = 2Sgc suy ra vi tri ciia A dé tong EF + FD + DE

dat gia trj 16n nhat.
Bai 30 Cho tam giac ABC noi tiép (O; R), tia phan giac cta goe BAC cit (O) tai M.
V€ duong cao AH va ban kinh OA.

1. Chung minh AM la phan giac cia goc OAH.

2. Gia st £B > ZC. Chiing minh ZOAH = /B = LE.

3. Cho ZBAC =60° va ZOAH = 20°. Tinh: 4B\ ZC ciia tam giac ABC.

BE CO BAN WORD, LIEN HE THAY PHUC, PHI 30.000 b
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